The existence of such an example is related to structure questions in topological lattices considered by Dyer and Shields [3] , Anderson [1] , and others.
The first step is to present a general method for constructing a class of modular lattices. Let D denote a distributive lattice which is a chain, S a nonempty set, and L the S-fold product lattice of D.
That is L = {/ | /: S-> D} and f ^ g if and only if f(s) ^ g(s) for every seS. It is known that (L, <^) is a distributive lattice with its operations V and Λ characterized by [/ V g](s) = f(s) V g(s) and [/ Λ g](s) = f(s) A g(s)
for every s e S.
Define M = {/ G L I there exists reS such that s, t e S -{r} implies
f{s)^f(r) and f(s)=f(t)}.
For intuition about M and the arguments that follow, note that M simply consists of all of the constant functions of L and the functions of L which are essentially constant in the sense that they assume but two values -the larger value at exactly one point.
If the order of L, g, is restricted to M, it will be established through a sequence of lemmas that (M, ^) is a modular lattice. Recall a lattice (M, V, Λ) is modular if and only if for every α,
LEMMA 1. If feM and f is not constant, there exists a unique reS such that s, te S ~ {r} implies f(s) < /(r) and f(s) = f(t).
The proof of the lemma is immediate from the definition of ikf, and consequently for fe M and not constant, define index f to be the unique element described in Lemma 1. 
, and for
depending upon which is minimal and therefore / Λ g e M. 
The facts of the lemma are an immediate consequence of the definition and is stated as a lemma for convenient reference. 
Therefore fVg^h.
From the hypothesis fVg^h and therefore from Lemma 4 fVg^h.
and h^f\/g.
THEOREM 1. (M, ^) isa modular lattice with operations V and A.
Lemmas 2 and 4 establish that (ikf, ^) is a lattice with operations V and Λ, it remains to establish that it is modular. Let f,g,heM and f^g.
. The argument will be a case argument.
If
since L is itself modular and g A h e M allows Lemma 4 to apply.
. If / and h are not constant, a -index /, 6 = index g> aΦb, hΦg, and fikh. Then /(&) < /(α) and λ
(α) < h(b). Further, f(a) £ h(a) implies f^h and therefore h(a)<f(a). Also h(b)^g(b) and h(a)<f(a) r (α) implies h ^ g and therefore h ^ g implies #(&) < Λ(6). Therefore in this case
If x e S -{a, 6}, then Then / x Λ f 2 = / 2 Λ / 3 Λ Λ = fc and /i V /, -/ 2 V / 3 = / 8 V Λ = flf and {/,, / 2 , / 3 , #, &} is a modular five sublattice of M. Therefore M is not distributive [2] .
But [fV(gΛ h)](x) ^[g A(fV h)](x) and g A (f V h) e M, therefore by Lemma 5 g A (f
At this stage the algebraic nature of M has been established, in the section that follows the topological nature of M will be studied. It will be assumed in the following that D is topological chain, that is D is a Hausdorff topological space with the operations V and Λ continuous [3] . If L is considered with the product topology, it is as usual a topological lattice and M may be considered as a topological space in the relative topology that it inherits from L. In this context, the following theorem results. THEOREM 
If D is a topological chain, then (1) M is a closed subset of L, (2) M is compact if D is compact, and ( 3) M is connected if D is connected.
Since with card S ^ 2, M = L, it suffices to consider 3 ^ card S and to establish (1) and (3).
( 
1) L -M is open for if fίM, then / is not constant and there exist distinct a,b,ceS such that f(b) < f(a) and f(b) < f(c). Then since D is a chain f(b) < f(a) Λf(c).

If there exists zeD such that f(b)<z<f(a)Λf(c), define W ={geL\z< g(a), z < g(c), and g(b)<z) and define W = {g e L\f(b) < g(a), fφ) < g(c), and gφ) < f(a) A f(c)}
Note. It is clear that Λ will be continuous as an operation on
M since it is continuous on L. Thus when D is a topological chain M is a closed topological sub-Λ -semilattice of L. In order to study the operation v relative to continuity, it is necessary to restrict S to being finite, in view of the following lemma. 
f-(s) = max {/(ί) \teS -/(/)} for s e S -I(f) .
LEMMA 7. // S is finite and 2 <J card S, then (1) feL implies f~M and feMiΐ and only if / =/-,
The lemma is a straight forward catalog of the properties following from the definition directly. DEFINITION. Let n be a positive integer and 3 <Ξ n, then let ikf n denote the lattice constructed as the ikf above in the case where S = {1,2, , n} and D = {xeR\0^x^l} with its usual order and the operations of D being xVy = max {a;, y) and xf\y = min{x, 7/}. When S is the set of positive integers and D as previously described let Moo denote the lattice M constructed. The Supporting Institutions listed above contribute to the cost of publication of this Journal, but they are not owners or publishers and have no responsibility for its content or policies.
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